Journa
nal
l
tio

nitive Psyc
og

ool and
Sch
C
of

ISSN: 2469-9837

International Journal of School and
Cognitive Psychology

Camos and Baumer, Int J Sch Cog Psychol 2015,
S2:007
DOI: 10.4172/2469-9837.1000S2-007

y Intern
log
a
ho

Research Article

Open Access

Why is It so Hard to Solve Long Divisions for 10-Year-Old Children?
Camos V* and Baumer J
Université de Fribourg, Fribourg Center for Cognition, Département de Psychologie, Rue de Faucigny 2, 1700 Fribourg, Switzerland
*Corresponding

author: Valérie Camos, Université de Fribourg, Fribourg Center for Cognition, Département de Psychologie, Ruede Faucigny 2, 1700 Fribourg,
Switzerland, Tel: +41 26 300 7675; Fax: +41 26 300 9712; E-mail: valerie.camos@unifr.ch
Rec date: May 11, 2015; Acc date: Oct 02, 2015; Pub date: Oct 07, 2015

Copyright: © 2015 Camos V et al.. This is an open-access article distributed under the terms of the Creative Commons Attribution License, which permits unrestricted
use, distribution, and reproduction in any medium, provided the original author and source are credited.

Abstract
Although division is considered as the most difficult arithmetic operation to solve, it is also the less studied. The
aim of the present study was to explore the contribution of some cognitive abilities (knowledge of multiplicative facts,
attentional and spatial capacities) of 10-year-old children to their achievement in solving long divisions, and to define
the factors that make long divisions difficult. Although the size of the operands predicted performance, the number of
processing steps required to perform each division was the best predictor of achievement. Moreover, increased
attention capacity and better knowledge in multiplicative facts favoured division solving, whereas spatial capacity did
not contribute for unique variance. Finally, the decrease in performance when solution requires more processing
steps was stronger in children with lower attentional capacity.
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Introduction
In contemporary society, knowledge in mathematics is crucial to
succeed in education and professional life. This relationship is even
stronger nowadays than some decades ago because an increased
number of jobs require mathematical proficiency [1]. Recently, a large
cross-national study found that primary school pupils' knowledge of
fraction and division at age 10 is a unique predictor of their attainment
in algebra and overall mathematics performance five or six years later
[2]. Although division is important for future achievement in
education, and often considered as the most difficult arithmetic
operation, it is less studied than the other arithmetic operations. While
some studies focused on the conceptual understanding of division in
younger children [3-6], few studies were dedicated to simple division,
and even less to the solving of Euclidian or long division. The aim of
the present study was to explore some cognitive abilities of 10 year old
children that may contribute to their achievement in solving long
divisions, and to define the factors that make their solving difficult.
Contrasting with studies on other arithmetic operations, very few
studies were dedicated to Euclidian or long division [7-10]. Moreover,
these studies focus on variations in strategies used by Dutch children
to solve long division, because in Dutch primary schools there is no
formal teaching of an algorithm, contrary to what is done in France.
Euclidean division is a conventional algorithm of division of two
integers producing two other integers. In the process, the dividend is
divided by the divisor to produce a result called the quotient and a
remainder (i.e., dividend/divisor = quotient + remainder). The
algorithm breaks the division into a series of elementary steps that can
be performed by hand. The process begins by dividing the leftmost
digit of the dividend by the divisor. The quotient (rounded down to an
integer) becomes the leftmost digit of the result, and the remainder is
calculated (this step is notated as a subtraction).
This remainder carries forward when the process is repeated on the
following digit of the dividend (notated as 'bringing down' the next
digit to the remainder). When all digits of the dividend have been
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processed, the process is completed. Contrary to simple division, long
division always involves several computational steps, and cannot be
solved by a single retrieval from long-term memory. Even the simplest
long division of one-digit number divided by one-digit number (e.g.,
5/2) requires to compute a quotient and a remainder. Thus, in such
simple cases, a long division would involve at the minimum two
retrievals, for a division fact (4/2=2) and a subtraction fact (5-4=1).
Across countries, the computation algorithm is quite similar, but is
written down differently (see an example of the algorithm used in
France in Figure 1) Like the other arithmetic operations, divisions
could be segregated into simple and complex. Simple divisions refer to
operations involving two one-digit numbers, the other divisions being
complex. To have a more fine grained classification of long divisions,
we took the classification proposed by Boucheny and Guérinet [11]
into four types, which takes into account the number of digits in the
divisor and in the quotient. Type 1 divisions involve one-digit numbers
in both divisor and quotient (e.g., 56/9), while Type 2 divisions involve
one-digit number for the divisor, but multi-digit number in the
quotient (e.g., 94/7). Type 3 divisions have multi-digit number as
divisor but lead to a one-digit quotient (e.g., 99/26), and Type 4
divisions involve multi-digit numbers both in divisor and quotient
(e.g., 768/36). Thus, this classification proposes a progression in the
complexity of the divisions, Type 1 being the simplest as it could be
solved through retrievals whereas Type 4 requires numerous
computational steps.
The aim of our study was to examine some of the skills or capacities
that would affect children’s performance in long division. In his review
about the core deficits that distinguish children with mathematical
disabilities from their peers, Geary [12] identified three main
dimensions: (1) the representation and retrieval of mathematical facts
from long-term memory, (2) the computational algorithms and (3) the
visuospatial skills. These three dimensions are fundamental for
mathematics achievement, and we believe that they would also affect
the solving of long division. Concerning the first dimension, studies on
simple divisions lead to expect that knowledge in multiplication facts
would be a determinant factor to solve long division. These studies in
young adults focused on how multiplication and division facts are
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related in memory. While some authors suggest that multiplication
(e.g., 6 x 8=48) and division (e.g., 48/6=8) facts are stored and retrieved
as independent representations [13,14], others proposed that
multiplication could be used as a check after direct retrieval of the
quotient [15-17]. For children, the results of the sole longitudinal study
in 8 year old children were more in line with the idea of a shared
memory network for multiplication and division facts [18], and in
accordance with this idea, Robinson et al. [19] observed that
multiplication is the predominant strategy to solve simple division
between Grade 5 and 7. The impact of multiplicative facts knowledge
would be magnified in long division, because most of the long
divisions need multiple and successive retrievals. A quick and reliable
access to multiplicative facts would reduce reliance on effortful
strategies like recursive additions to compute a product, and thus
reduce the number of processing steps and the possibilities of
committing errors. In the present study, we thus evaluated knowledge
in multiplication facts of 10-year-old children by asking them to
answer a maximum of simple multiplications among 80 multiplications
presented for two minutes. We chose to assess only multiplication facts
in accordance with the fact that multiplication and division facts share
the same mnemonic network in children of that age, and because
division facts are not formally taught in France, contrary to
multiplication facts.
Concerning the computational procedure, the learning of the
algorithm for long division is out of the focus of the present study.
Although this is probably the most difficult algorithm for solving
arithmetic problems and an important educational challenge, our aim
was to identify the cognitive abilities that would affect the solving of
long division in children who had previously learned the algorithm. To
control for the type of algorithm used to solve long division and for
schooling effect, we chose to test pupils attending French primary
schools in which there is a national curriculum defining learning
objectives and teaching methods. As a consequence, all pupils use the
same algorithm, and the 10-year-old children involved in the present
study all started to learn the algorithm for long division a year before.
Although this study did not focus on the learning of the algorithm, we
were interested in the impact of the complexity of the computational
algorithm. Because divisions differ from each other on the number of
processing steps they require, we expected that long divisions with
more computational steps should lead to poorer performance, even in
children who learnt the algorithm. Finally, concerning the last
dimension identified by Geary [12], previous research has established a
relation between spatial skills and achievement in mathematics across
a variety of spatial tasks [20-23] and mathematical domains [7]. The
fact that spatial skills predict performance on broad measures of math
achievement such as the SAT-M or word problems [21,22,24,25]
suggests that spatial processing might be implicated in other domains
of mathematics beyond those that are ostensibly spatial, like geometry.
More specifically, Trbovich and LeFevre [26] showed that mental
addition requires more visual resources when presented vertically
instead of horizontally. Long divisions are necessarily presented
vertically, and solving such problems demands a neat spatial
organization of the digits (Figure 1). Divisions requiring to write down
several remainders and to do several “bringing-downs” lead to more
opportunities of errors. They should be less correctly solved due to
their higher spatial load. Moreover, children with poorer visuospatial
skills should experience more difficulties in the spatial organization of
the digits. We thus evaluated children’s capacity in visuospatial
planning with the Mazes subtest from the WISC III [27] and the Rover
subtest from the Kaufman Assessment Battery for Children [28].
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Figure 1: An example of the canonical algorithm used in France to
solve Euclidian divisions.

Finally, we chose to assess capacity in selective attention with two
tests of visual selective attention that can be administered in groups:
the attention and concentration test d2 [29] and the Cancellation
subtest from WISC‐IV [26]. Selective attention refers to the processes
that select and focus on particular input relevant for further processing
while inhibiting irrelevant or distracting information. Besides the three
main components identified by Geary [12], we think that individual
differences in selective attention should also affect the performance in
solving long divisions (cf. for review on the role of selective attention in
school achievements, [30].
It was already showed that children with mathematical difficulties
performed worse than controls in a selective attention measure [31].
Solving long divisions should depend on selective attention in children
because this requires multiple processing steps and the retrieval of
multiple arithmetic facts. Thus, children with low capacity in selective
attention should suffer from more interference and confusion resulting
from the manipulation of intermediate results. They should more easily
loss track in the on going algorithm. Moreover, the difference between
children with high and low capacity in selective attention should be
amplified with the number of processing steps needed to solve a long
division.
To summarize, performance should be a function of the number of
processing steps and the spatial load induced by the long divisions,
with a higher number of processing steps or higher spatial load
resulting in lower performance. Consequently, children with higher
attention capacity should outperform children with lower capacity,
especially when long divisions require more processing steps. Similarly,
children with better knowledge in multiplicative facts and better
visuospatial skills should have better performance in solving long
division.

Methods
Participants
Fifty six children (27 girls) in Grade 5 were recruited from four
different classes in three French urban schools in socioeconomic
middle class areas of the same city. They were aged between 10 years 2
months and 11 years 2 months (mean=10 years 8 months, SD=3.5
months) at the time of the study, which took place in the first semester
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of 2012. The ratio female/male was not significantly different between
classes, x22<1. None of the children presented diagnosed deficit. All
children were French native speakers and they never had jumped or
repeated a grade. All children received the permission of their
caretakers to participate.

Material and procedure
Children did six different tests. Besides assessing children’s
performance in solving different types of long divisions, we measured
for each child her knowledge of the multiplicative facts. We also
evaluated individual differences in attentional capacity through two
tests, the test d2 and the Cancellation subtest of the WISC, and
differences in visuospatial planning capacity with the Mazes subtest
and the Rover subtest from the KABC.

Long divisions
Twenty-one long divisions were chosen: 4 for Type 1, 5 for Type 2
and for Type 3, and 7 for Type 4 (Table 1). The divisions were
presented on the right page of the booklet, leaving the left page blank
that children could use as a draft. In the choice of the divisions and in
their distribution into the four groups, several factors were controlled:
Dividend, divisor and quotient did not include any zero, the
intermediate subtractions did not involve any carry, and the
intermediate multiplications did not involve any ties or five, the
different multiplication tables being equally represented. The divisions
were presented in a random order, the same for all children, which
were instructed to solve them in this order, moving to the next one if
they failed to solve one. Children had 7 min 30 sec for solving sets of 5
divisions and 9 min for the set of 6 divisions to keep an average time of
1 min 30 sec per division, which was sufficient for solving all the
divisions as children finished before this limit. We analysed the
percentage of correctly solved divisions, i.e., when both the quotient
and remainder were correct.

Knowledge of multiplicative facts
The 80 multiplications that represent the operations in tables from 2
x 1 to 9 x 10 were presented on one page in a random order, identical
for all children. The children had to solve them as fast as possible,
proceeding in order column by column, going to the next
multiplication if they did not know the answer. They had a maximum
time of 2 minutes in accordance with the rate used in other studies
with similar aged children [32,33]. We scored the number of
multiplications correctly solved.

d2 test of attention
This test of selective and sustained attention consists of 14 lines of
47 characters [29]. These characters are the letters p and d, with one to
four dashes above or underneath the letter. Children had to cross out
all ds with two dashes (one above and one below, two above, or two
below) as quickly as possible. According to the instructions of the test,
a time limit of 20 seconds per line was given, after which a signal
indicated to move to the next line. We computed the overall
concentration index, which is the total number of targets correctly
crossed out minus the number of errors, the maximum score being
299.
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Cancellation Subtest of the WISCIV
In this subtest, the goal is to cross out all animals as quickly and
accurately as possible among a set of different objects [34]. Children
performed this task on two different sets, one without specific spatial
organization, and one in which objects were in columns and lines. The
time limit was 90 seconds for each set. We scored across the two sets
the number of stimuli correctly crossed out, from which incorrectly
crossed out stimuli were subtracted. Children could reach a maximum
score of 128.

Mazes Subtest of the WISCIII
Children sought the shortest path to exit from mazes of increasing
difficulty. They should not lift the pen from the paper and avoid
entering into dead ends. In accordance with WISC instructions, the
quotation was based on having or not found the exit, having or not
jumped over a wall, and on the number of entries in dead ends. To
shorten the procedure, we presented 6 mazes, which could lead to a
maximum score of 19. Children had a maximum time of 9 min 15 sec
for the 6 mazes, which was the sum of the duration allocated for each
maze in WISC -III.

Rover Subtest of the KABC
The goal was to find the shortest path from a starting point to a
bone on a draught board [28]. Unlike the original version in which
children move a little dog figurine, children drew a circle on the boxes
where the “dog” jumped. The child can move the dog in all directions,
without passing on a bush, and rocks count double. Points are given for
the optimal path or a path with one displacement more. To shorten the
procedure, 6 trials were discarded from the original, leaving 13 trials.
Children could obtain a maximum of 26 points. Two sample items
were solved on the blackboard with the children. Instead of having a
limited time for each trial, a total time of 10 min was given which is the
sum of the time limits in the original version.
Each class was seen in a group session of about one and a half hour.
The children were all given the same booklet with the six tasks in the
following order: multiplications, d2 test, a first set of 5 long divisions,
mazes subtest, a second set of 5 long divisions, cancellation subtest, a
third set of 6 long divisions, rover subtest, and a fourth set of 5 long
divisions. All paper and pencil tasks were completed following oral
instructions given at the beginning of each task. Two adults supervised
each class.

Results
The data from six children were discarded from the analysis because
they reached a ceiling score at one of the subtests (one in Cancellation,
four in Maze and one in Rover tests). Moreover, we did not introduce
gender as a factor in the following analyses because female and males
did not differ in the overall percentage of correctly solved divisions as
well as in each type of divisions, ts<1. We first explored the
characteristics of the operations that determine their difficulty. Second,
we investigated cognitive abilities that may account for children’s
performance and their potential interaction with operation
characteristics.

Cognitive Remediation Programmes for Kids: What Works and
why?

ISSN: 2469-9837 IJSCP an open access

Citation:

Camos V, Baumer J (2015) Why is It so Hard to Solve Long Divisions for 10-Year-Old Children?. Int J Sch Cog Psychol S2: 007. doi:

10.4172/2469-9837.S2-007

Page 4 of 9
processing steps of the algorithm explicitly taught in classroom.
However, within this algorithm, the number of processing steps
depends on the strategy used to solve intermediate multiplications.
Children can either compute multiplications (Figure 2 and Appendix
for an example), perform recursive additions (Figure 3), or alternate
between these two strategies depending on the difficulty of the
problems. In this mixed strategy, children would use multiplication for
the simplest divisions (i.e., with one digit divisors), but would back up
to recursive additions for the most complex (i.e., with two digit
divisors). Although the estimates resulting from these three alternative
assumptions were all significantly correlated with performance in
solving long divisions, the mixed strategy index was more strongly
correlated (r=0.83, p<0.0001) than the indexes for the multiplication
(r=0.64, p=0.002) and addition strategies (r=0.68, p=0.001). When the
number of processing steps resulting from the mixed strategy was
introduced in a stepwise regression analyses along with the number of
digits in operands, it contributed unique variance, R2=0.68, F(1,
19)=40.39, p<0.0001. Only the number of digits in divisor added a
significant contribution, R2 change=0.08, F (1, 18)=5.61, p=0.029.

Figure 2: The algorithm for solving long divisions when children
can rely on multiplication.

The characteristics of operations
The different types of divisions lead to variable performance. Types
3 and 4 (54%, SD=4, and 52%, SD=15, respectively) led to lower
percentage of correct responses than Type 1 (80%, SD=8) and Type 2
(67%, SD=5) divisions (Table 1). This classification relies on the
number of digits in the divisor and in the quotient. However, studies in
the solving of other arithmetic operations including simple divisions
[19] showed that the magnitude of operands is a determinant factor.
This was not the case here. Due to the strong correlation between the
number of digits and the magnitude of the four numbers involved in
divisions (i.e., dividend, divisor, quotient and remainder), two separate
stepwise regression analyses were performed on the percentage of
correct responses with either their number of digits or their magnitude
as predictors. In both analyses, the divisor and the dividend
contributed unique variance, but the analysis with their magnitude led
to a smaller R2 (0.47) than the analysis with their number of digits
(R2=0.67). In this latter analysis, the number of digits of the divisor
was a better predictor (R2=0.50, F(1, 19)=19.26, p<0.0001) than the
number of digits of the dividend (R2 change =0.16, F(1, 18)=8.73,
p=0.008).
We propose that the number of digits accounted for the
performance in long divisions because it constrains the number of
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Figure 3: The algorithm for solving long divisions when children
rely on recursive additions.

To complete these analyses, we computed for each division a spatial
load corresponding to the number of digits that must be spatially
arranged during its solving (Figure 1 and Table 1). It included the
number of digits written down for the intermediate subtractions, the
remainders and the digits of the dividend that were brought down to
the remainders. Although this spatial load significantly correlated with
the overall percentage of correctly solved divisions (r=‐0.56, p=0.009),
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it did not explain any significant part of variance when introduced in a
stepwise regression with the mixed strategy index.
Type

1

2

3

4

Problems

Number of Processing Steps

Spatial

Percent Correct

Dividend

Divisor

Quotient

Remainder

Addition

Multiplication

Mixed

Load

8

3

2

2

10

10

10

2

89

7

4

1

3

8

10

10

2

82

59

8

7

3

29

14

14

3

70

56

9

6

2

27

14

14

3

94

7

13

3

19

18

18

6

73

556

6

92

4

41

22

22

8

70

864

3

288

0

47

25

25

10

63

4498

8

562

2

54

30

30

11

63

7869

4

1967

1

65

34

34

14

68

99

26

3

21

18

15

18

4

52

326

81

4

2

26

17

26

4

59

366

63

5

51

29

19

29

5

57

269

34

7

31

35

19

35

5

52

699

72

9

51

44

19

44

5

50

768

36

21

12

22

25

22

8

63

759

18

42

3

35

27

35

7

1489

62

24

1

37

29

37

10

55

6589

43

153

10

47

36

47

16

54

3898

81

48

10

61

28

61

11

46

9699

61

159

0

68

33

68

15

55

7993

27

296

1

82

40

82

15

21

Table 1: Percentage of correct responses in division solving with the number of processing steps and spatial load.

Children’s cognitive abilities
Children’s cognitive abilities were tested through five tests for which
the descriptive statistics are provided in Table 2. The attention tests
(i.e., d2 and cancellation tests) significantly correlated, r=0.28, p=0.05,
whereas the correlation between the spatial tests (i.e., the mazes and
rover tests) failed to reach significance, r=0.18, p=0.20, probably
because the mazes test was not very discriminant and reliable as
testified by the small SD and the low inter-trial correlation. We
performed a Principal Component Analysis to extract an attention
capacity factor from the d2 and Cancellation tests, and a spatial ability
factor from the mazes and rover tests. A stepwise regression1 was
performed using these factors along with knowledge of multiplicative
facts as independent variables and percent correct on divisions as
dependent variable. This analysis revealed two significant factors,
knowledge of multiplicative facts, R2=0.15, F (1, 48)=8.54, p=0.005,
and the attention capacity factor, R2=0.23, R2 change=0.08, F (1,
47)=4.80, p=0.03.
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To test if performance in children with low attention capacity was
more affected by increased number of processing steps, we contrasted
three groups differing in attention capacity. As in individual difference
studies by Engle and collaborators [35], the high attention capacity
group included one third of the participants (n=17) with the higher
capacity, the low attention capacity group included 17 participants
with the lower attention. The remaining 16 participants were grouped
under the medium capacity label. We discard the data from one
division (7993/27), because its high number of processing steps and
low performance strongly affected the regression slopes. As illustrated
in Figure 4, the increase in the number of processing steps using the
mixed strategy resulted in poorer performance in the three groups, the
slopes of the regression line being significantly different from zero in
high, medium and low capacity groups, t(16)=2.99, p=0.008,
t(15)=4.45, p<0.0001, and t(16)=4.25, p<0.0001, respectively. Although
the slope was smaller in high capacity individuals than in the two other
groups, slopes did not significantly differ between groups as testified by
the nonsignificant interaction between groups and number of
processing steps in an ANCOVA with the number of processing steps
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as covariate, F<1. It should be noted that taking the entire sample into
account (n=56), the interaction between groups and number of
processing steps became significant, F(2, 54)=6.85, p=0.002. This effect
was mainly due to the smaller slope exhibited by the high capacity
group compared with the two other groups, F(1, 56)=11.23, p=0.001.
Knowledge
of facts facts

d2

Cancellation

Mazes

Rover

d2

0.27

Cancellation

0.19

0.28

Mazes

0.10

0.28

0.23

-

Rover

0.19

0.3

0.19

0.18

Division

0.39

0.47

0.14

0.16

0.09

Mean

36.50

113.20

91.00

14.30

17.28

SD

11.87

28.92

21.90

2.68

4.28

Obs. Min.

18

26

46

8

6

Obs. Max.

64

166

126

18

24

Reliability

0.967

0.913

0.608

0.09

0.647

Skewness

0.605

-0.736

-0.128

-0.574

-0.673

Kurtosis

0.029

1.123

-0.902

-0.594

0.063

Note: Significant correlations at p<0.05 in bold,. Obs. Min. and Obs. Max. are
the observed minimum and maximum scores, respectively. Reliability calculated
by correlating scores on half of the trials with the other half (odd vs. even trials).

Table 2: Correlation matrix and descriptive statistics for the five
subtests.
Finally, and as we did for attention capacity, we contrasted three
groups differing in their spatial abilities. The impact of spatial load on
performance did not differ between children with high, medium, or
low spatial abilities, as testified by the nonsignificant interaction
between groups and spatial load, Fs<1 for both the restricted and the
entire sample. This result confirmed the absence of significant effect of
the spatial abilities in the regression analysis above Figure 4.

Discussion
To our knowledge, the current study is the first to explore the
cognitive abilities contributing to children’s performance in solving
Euclidian or long divisions. It also aimed at characterising the factors
that determine the difficulty of long divisions. Three main phenomena
arose from the current results. First, the main predictor of problem
difficulty is the number of processing steps needed to solve divisions.
Second, children with better knowledge in multiplicative facts and
higher attentional capacity outperform children with lower scores.
Third, when considering our entire sample of participants, individual
differences related to attentional capacities have a stronger effect on
more difficult problems. These three issues are now discussed in turn.

Int J Sch Cog Psychol

Figure 4: Mean percent correct for 20 operations (7993/27 being
excluded) according to the number of processing steps needed to
solve them with the mixed strategy for three groups of participants
differing in their attention capacity (low, medium or high capacity).

The number of processing steps
Studies on arithmetic problem solving have shown that one of the
main determinants of performance is the size of the operands, a
phenomenon known as the problem size effect. Simple additions
involving large numbers are more difficult than additions of smaller
numbers, an effect that was replicated for subtractions, multiplications,
and divisions [19]. However, the present study showed that the number
of processing steps in the algorithm explicitly taught in French
classrooms is a better predictor of the difficulty of divisions than the
number of digits or the magnitude of the numbers involved in the
problems. This suggests that the difficulty of long divisions relies on
procedural demands, as we already observed for another numerical
activity, the transcoding of numbers [36,37].
The ACT‐R theory is especially appropriate to describe and
formalize the cognitive processes in this algorithm [38]. The processing
steps proposed in Appendix 1 are similar to procedural rules as defined
in ACT‐R. Procedural rules act on declarative knowledge to transform
transient representations stored in working memory, and require
sources of activation (or attention) for their implementation. This
declarative knowledge is either encoded from the environment or
retrieved from long term memory. For the long divisions, the
processing steps of the algorithm act either on problem operands or on
the multiplicative, subtractive and sometimes even additive facts
retrieved from long term memory. Thus, performance in solving
divisions relies on both the retrieval of previously stored declarative
knowledge and the implementation of procedural rules. As a
consequence, it should be expected that the level of proficiency in
retrieving multiplicative facts and the amount of attention that could
be dedicated to the implementation of processing steps are the two
main cognitive abilities predicting children’s performance in solving
long divisions.
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The knowledge of multiplicative facts and attentional
capacity
Accordingly, our study revealed that individual differences in
knowledge of multiplicative facts and in attentional capacity are the
best predictors of 10-year-old children’s performance in solving long
divisions. It is not so surprising that when children have to solve long
divisions, they rely on multiplicative facts. Although our study is the
first to demonstrate this relationship for long divisions, we reported in
the introduction several studies showing how important multiplicative
facts are in solving simple divisions [17,19,39]. Even young adults, after
years of practice, do not stop using multiplicative facts to solve
divisions (e.g., converting 48/6 into 6 x ?=48). Having an efficient
access to these facts would then favour the solving of long divisions,
even more strongly than for simple divisions, because they require
several retrievals of multiplicative facts. The importance for children to
have a well established knowledge of multiplicative facts is even more
apparent when considering that the main determinant of division
difficulty was the number of processing steps for the mixed strategy,
which assumes the use of recursive additions for solving intermediate
multiplications involving two digit numbers.
The use of recursive additions to solve simple multiplications is the
second mostly used strategy after retrieval in children. As a
consequence, when children had to solve difficult divisions, they
backed up to addition, an operation that benefits from both a stronger
network of stored facts and a deeper practice of its algorithm as it is the
first learned operation. The choice of using additions could result from
two reasons. First, when divisions are more difficult, like Types 3 and 4,
the number of processing steps increases, and consequently the
amount of information to keep track. This imposes a supplementary
cognitive load that reduces the attention available for solving
intermediate multiplications. Under such cognitive load, children
could favour a less demanding strategy. The second possible reason is
that difficult divisions involve larger numbers and, consequently,
complex multiplications (e.g., 43 x 5 in Figure 1). Because the
algorithm for complex multiplication is a relatively new skill for 10year-old children, they may favour the more secure and well practiced
algorithm for addition. These two reasons are not exclusive from each
other.
Apart from knowledge of multiplicative facts, performance in
solving long divisions was also affected by attentional capacity. The
current study brought thus a further example of the impact on
cognitive performance of individual differences in selective attention.
Such finding could also be reminiscent to the impact of another type of
attention, namely executive or controlled attention, in mathematical
cognition [39,40-45]. Solving long divisions relies on a multistep
process requiring the retrieval of information in long term memory.
Individual differences in selective attention could affect the efficiency
of each processing step, of the retrieval process as well as the storage of
intermediary results. As shown in adults, individuals with higher
attentional capacity are more resistant to interference [35], which
should facilitate retrieval of multiplicative or additive facts among a
highly interfering network [46]. As a consequence, it can be expected
that the difference between high and low attentional capacity children
increases with the number of processing steps to implement and the
number of needed retrievals. In other words, the two groups should
largely differ in solving the more complex divisions.
The present findings lent some support to this expectation. When
considering the entire sample of participants, the increase in the
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number of processing steps amplified the difference in performance
between high attentional capacity children and their peers, the latter
being more affected than the former by this increase. This finding is
similar to what we have already observed in transcoding numbers, for
which the rate of transcoding errors increased when more production
rules were required, an effect that was more pronounced for children
with low than high controlled attention capacities [37]. This
phenomenon of individual differences increasing with task complexity
can be accounted for by the hypothesis of a concatenation of small
differences in every elementary component of the task, as
demonstrated by Barrouillet et al. [37]. Because individuals with
higher attentional capacities outperform their peers in elementary
activities such as reading digits, solving simple problems, retrieving
items of knowledge from longterm memory and implementing atomic
procedural rules, their higher efficiency becomes more and more
evident as the complexity of the task increases, as it is the case with
long divisions that necessitate all these elementary components.

Conclusion
One year after the start of formal instruction, children still
experience difficulties in solving long divisions. Beyond the learning of
a complex and multistep algorithm, children’s performance is
dependent on the implementation of each processing step. These
processing steps require the retrieval of multiplicative, subtractive, and
additive facts, and the use of algorithms for multiplication, subtraction
and addition. As a consequence, to solve a long division, a child has to
draw on all the arithmetic knowledge acquired in primary school, and
to coordinate this various knowledge according to a newly learned
algorithm. The fact that long division is a synthesis of all arithmetic
knowledge explains why long division is considered as a major source
of difficulty in children, and one of the biggest challenges for
instruction in primary school.
This study has thus important implication for teaching in primary
school. As we have seen, solving long divisions is made more difficult
by the fact that children have to use recursive additions instead of
retrieving the multiplicative facts. This result emphasizes the need for a
stronger practice in the learning of multiplicative facts. Helping
children to acquire a secure knowledge of the multiplicative facts, that
is to allow them to easily retrieve these facts directly from long term
memory, it would reduce the use of the recursive additions,
diminishing the number of processing steps, which is the major
determinant for children’s performance in solving long divisions.
Finally, this study opens a new field of research about an arithmetic
operation, division, which is poorly studied. We would like to suggest
two future lines of research that would nicely extend the current study.
First, we have seen that visuospatial planning does not seem to play an
important role in solving long divisions. However, the two tests used in
the present study were poorly correlated to each other. As a
consequence, it might be interesting to assess the individual differences
in visuospatial planning with other tests. Alternatively, it could also be
suggested that the role of visuospatial planning in solving long
divisions is stronger when children are learning the procedure of this
operation, and at 10 years of age with some mastery of the procedure
the organisation of digits is not a source of difficulty. A second line of
research could focus on understanding how children learn to
coordinate the different knowledge required to solve long divisions. As
mentioned above, this coordination could explain why division among
the other operations remains the most difficult.
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Footnote

8.

Introducing the five subtests in the analysis lead to similar results
with only the d2 test, R2=0.22, F(1, 48)=13.44, p=0.001, and the
knowledge of multiplicative facts, R2=0.29, R2 change=0.07, F(1,
47)=4.50, p=0.03, contributing unique variance.

9.
10.

Acknowledgements
We thank the children, their caretakers, and the school teams from
Valmante, Vaccaro and Château Sec schools in Marseille. This work is
based on the second author’s Master dissertation.

11.
12.
13.
14.

15.
16.
17.
18.
19.
20.

Appendix: An example of the algorithm of the division 366/63 with
the multiplicative and the additive strategy.

21.
22.
23.

References
1.
2.
3.
4.
5.
6.
7.

Murnane RJ, Willett JB, Levy F (1995) The growing importance of
cognitive skills in wage determination. Review of Economics and
Statistics 78: 251-266.
Siegler RS, Duncan GJ, Davis-Kean PE, Duckworth K, Claessens A, et al.
(2012) Early predictors of high school mathematics achievement.
Psychological Science 23: 691-697.
Kornilaki E, Nunes T (2005) Generalizing principles in spite of
procedural differences: Children's understanding of division. Cognitive
Development 20: 388- 406.
Squire S, Bryant P (2002b) The influence of sharing on children’s initial
concept of division. Journal of Experimental Child Psychology 81: 1-43.
Squire S, Bryant P (2003a) Children’s models of division. Cognitive
Development 18: 355-376.
Squire S, Bryant P (2003b) Children's understanding and
misunderstanding of the inverse relation in division. British Journal of
Developmental Psychology 21: 507-526.
Anghileri J, Beishuizen M, Van Putten K (2002) From informal strategies
to structured procedures: Mind the gap! Educational Studies in
Mathematics 49: 149-170.

Int J Sch Cog Psychol

24.
25.
26.
27.
28.
29.
30.

Hickendorff M, Heiser WJ, van Putten CM, Verhelst ND (2009) Solution
strategies and achievement in Dutch complex arithmetic latent variable
modelling of change. Psychometrika 74: 331-350.
Hickendorff M, van Putten CM, Verhelst ND, Heiser WJ (2010)
Individual differences in strategy use on division problems: Mental versus
written computation. Journal of Educational Psychology 102: 438-452.
Van Putten CM, Van den Brom-Snijders PA, Beishuizen M (2005)
Progressive mathematization of long division strategies in Dutch primary
schools. Journal of Research in Mathematics Education 36: 44-73.
Boucheny G, Guérinet A (1932) L’arithmétique enfantine. Paris : Librairie
Larousse.
Geary D (1993) Mathematical disabilities: Cognitive, neuropsychological,
and genetic components. Psychological Bulletin, London: Cambridge
Press 114: 345-362.
Rickard TC, Bourne LE (1996) Some test of an identical elements model
of basic arithmetic skills. Journal of Experimental Psychology: Learning,
Memory, and Cognition 22: 1281-1295.
Rickard TC, Healy AF, Bourne LE (1994) On the cognitive structure of
basic arithmetic skills: Operation, order, and symbol transfer effects.
Journal of Experimental Psychology: Learning, Memory, and Cognition
20:1139-1153.
Campbell JID (1997) On the relation between skilled performance of
simple division and multiplication. Journal of Experimental psychology:
Learning, Memory; and Cognition 23: 1140-1159.
Campbell JID (1999) Division by multiplication. Memory and Cognition
27: 791- 802.
Robinson KM, Arbuthnott KD, Gibbons KA (2002) Adults’
representations of division facts: A consequence of learning history?
Canadian Journal of Experimental Psychology 56: 302-309.
De Brauwer J, Fias W (2009) A longitudinal study of children’s
performance on simple multiplication and division problems.
Developmental Psychology 45: 1480-1496.
Robinson KM, Arbuthnott KD, Rose D, McCarron MC, Globa CA, et al.
(2006) Stability and change in children’s division strategies. Journal of
Experimental Child Psychology 93: 224-238.
Battista MT (1990) Spatial visualization and gender differences in high
school geometry. Journal for Research in Mathematics Education 21:
47-60.
Kyttälä M, Lehto J (2008) Some factors underlying mathematical
performance: The role of visuospatial working memory and non-verbal
intelligence. European Journal of Psychology of Education 23: 77–94.
Delgado AR, Prieto G (2004) Cognitive mediators and sex related
differences in mathematics. Intelligence 32: 25–32.
Geary DC (2003) Learning disabilities in arithmetic: Problem solving
differences and cognitive deficits. In Swanson HL, Harris K, Graham S
(Eds) Handbook of learning disabilities. New York: Guilford Press Guay
RB, McDaniel ED. Washington: American Psychological Association
199-212.
Casey MB, Nuttall R, Pezaris E, Benbow CP (1995) The influence of
spatial ability on gender differences in mathematics college entrance testscores across diverse samples. Developmental Psychology 697-705.
Hegarty M, Kozhevnikov M (1999) Types of visual-spatial representations
and mathematical problem solving. Journal of Educational Psychology 9:
684-689.
Trbovich PL, LeFevre JA (2003) Phonological and visual working
memory in mental addition. Memory and Cognition 31:738-745.
Wechsler D (1996) Manuel de l’échelle d’intelligence de Wechsler pour
enfants (WISC- III). Paris: Editions du Centre de Psychologie Appliquée.
Kaufman AS, Kaufman NL (1993) Batterie pour l’examen psychologique
de l’enfant. Paris : Editions du Centre de Psychologie Appliquée.
Brickenkamp R (2002) Test d2 Aufmerksamkeit-Belastungs-Test.
Göttingen: Hogrefe-Verlag.
Stevens C, Bavelier D (2012) The role of selective attention on academic
foundations: a cognitive neuroscience perspective. Developmental
Cognitive Neuroscience 15: 30-48.

Cognitive Remediation Programmes for Kids: What Works and
why?

ISSN: 2469-9837 IJSCP an open access

Citation:

Camos V, Baumer J (2015) Why is It so Hard to Solve Long Divisions for 10-Year-Old Children?. Int J Sch Cog Psychol S2: 007. doi:

10.4172/2469-9837.S2-007

Page 9 of 9
31.
32.
33.
34.
35.

36.
37.

38.

Reimann G, Gut J, Frischknecht MC, Grob A (2013) Memory abilities in
children with mathematical difficulties: Comorbid language difficulties
matter. Learning And Individual Differences 23: 108-113.
Koponen T, Aunola K, Ahonen T, Nurmi JE (2007) Cognitive predictors
of single digit and procedural calculation skills and their covariation with
reading skill. Journal of Experimental Child Psychology 97: 220-241.
Robinson KM, Dubé AK (2009) Children’s understanding of the inverse
relation between multiplication and division. Cognitive Development 24:
310-321.
Wechsler D (2005) Manuel de l’échelle d’intelligence de Wechsler pour
enfants – 4ème edition. Paris: Editions du Centre de Psychologie
Appliquée.
Engle RW, Kane MJ, Tuholski SW (1999) Individual differences in
working memory capacity and what they tell us about controlled
attention, general fluid intelligence and functions of the prefrontal cortex.
In Miyake A, Shah P (Eds) Models of Working Memory: Mechanisms of
Active Maintenance and Executive Control 102-134.
Barrouillet P, Camos V, Perruchet P, Seron X (2004) ADAPT: A
developmental, asemantic, and procedural model for transcoding from
verbal to Arabic numerals, Psychological Review 111: 368-394.
Barrouillet P, Lépine R, Camos V (2008) Is the influence of working
memory capacity on high level cognition mediated by complexity or
resource-dependent elementary processes? Psychonomic Bulletin &
Review 15: 528-534.
Anderson JR (1993) Rules of the mind. Hillsdale, NJ: Lawrence Erlbaum.
Anderson J R, Lebière C The atomic components of thought. Mahwah NJ:
Erlbaum.

39.
40.
41.

42.
43.
44.
45.
46.

DeStefano D, LeFevre JA (2004) The role of working memory in mental
arithmetic. European Journal of Cognitive Psychology 16: 353-386.
Barrouillet P, Lépine R (2005) Working memory and children’s use of
retrieval to solve addition problem, Journal of Experimental Child
Psychology 91: 183-204.
Bull R, Johnston RS, Roy JA (1999) Exploring the role of the visual-spatial
sketch pad and central executive in children’s arithmetical skills: View
from cognition and developmental neuropsychology, Developmental
Neurospychology 15: 421-442.
Bull R, Scerif G (2001) Executive functioning as a predictor of children’s
mathematics ability: Inhibition, switching, and working memory,
Developmental Neurospychology 19: 273-293.
Camos V (2008) Low working memory capacity impedes both efficiency
and learning of number transcoding in children. Journal of Experimental
Child Psychology 99: 37-57.
Case R Kurland M, Goldberg J (1982) Operational efficiency and the
growth of short-term memory. Journal of Experimental Child Psychology
33: 386-404.
McLean JF, Hitch GJ (1999) Working memory impairments in children
with specific arithmetic learning difficulties, Journal of Experimental
Child Psychology 74: 240-260.
Barrouillet P, Fayol M, Lathulière E (1997) Selecting between competitors
in multiplication tasks: An explanation of the errors produced by
adolescents with learning difficulties. International Journal of Behavioral
Development 21: 253–275.

This article was originally published in a special issue, entitled: "Cognitive
Remediation Programmes for Kids: What Works and why?", Edited by
Zaimuariffudin Shukri Nordin

Int J Sch Cog Psychol

Cognitive Remediation Programmes for Kids: What Works and
why?

ISSN: 2469-9837 IJSCP an open access

